An Atsuji space is a metric space X such that each continuous function from X to an arbitrary metric space Y is uniformly continuous. We here present (i) characterizations of metric spaces with Atsuji completions; (ii) Cantor-type theorems for Atsuji spaces; (iii) a fixed point theorem for self-maps of an Atsuji space.
{x } in X with lim d(x , X -{x }) = 0 has a cluster point
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We find it convenient to use a variant of (iii) presented in [3] : x' is compact, and each sequence {x } of distinct isolated points in X with lim d(x , x 0 ) = 0 has a cluster point. Again, we call such a sequence a sequence of paired isolated points. Further information on
Atsuji spaces can be found in Rainwater [77] , Waterhouse [14] , Hadjiivanov [7] , and Toader [J3] .
Our purpose here is to present several characterizations of those spaces whose completion is an Atsuji space and to characterize Atsuji spaces in terms of intersection properties of families of closed sets.
We also present a fixed point theorem for Atsuji spaces.
Metric Spaces with an Atsuji Completion.
Atsuji spaces have numerous sequential characterizations, asserting that certain kinds of sequences in the space have cluster points. The following rule of thumb holds: any such description can be modified to characterize those spaces with an Atsuji completion, provided we replace the phrase "has a cluster point" by "has a Cauchy subsequence". From (iv) above, the necessity is obvious. For the sufficiency, let {x*} be a sequence in X* with lim d(x*, X* -{x*}) = 0 . For each n n-x» n n n choose x e X for which d(x } x*) < 1/n. Since X is dense in X ,
{x } has a Cauchy subsequence, whence {x*} has a cluster point.
Next, we present a somewhat less obvious functional characterization. Our next goal is to present a nontrivial characterization of spaces with an Atsuji completion in terms of a relationship between two geometric functionals defined on the nonempty subsets of X . Our first functional ~3 is described as follows; for each nonempty subset A of
This functional measures the maximal degree to which points of A are isolated in X . It is quite possible that ~S(A) = <° (for example, let
A = X={n:ne.Z)).
Clearly, d has these properties: (i)
if and only if A c x' . Actually, one can show that ? is a regular capacity in the sense of Choquet [4] . For each 6 > 0 we let We require an analog of Cantor's Theorem, due to Kuratowski LI01. Continuous Thus, (**,)' is totally bounded, and since X* is complete, the set of limit points is compact. Finally, suppose {a^j} is a sequence of paired isolated points in X* without a cluster point. Since X is dense in X* , each x lies in X . For each index n let A = {x .: j 2 n}.
KURATOWSKI'S THEOREM. The metric spaae (X 3 d) is complete if and only if whenever {A } is a decreasing sequence of nonempty closed
Since {x } has no cluster point in X* , each set A is closed in both X and X* . Since the terms of {x } are distinct, we obtain 
